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ABSTRACT 

 

Researchers performed 35 full scale lateral load tests on piles driven within the 

reinforcement zone of an MSE wall. Data defining the induced tensile force on the 

reinforcements during lateral pile loading was used to develop multiple-linear regression 

equations to predict the induced tensile force. Equations were developed by previous researchers 

that did not consider, diameter of the pile, fixed head condition, relative compaction, and cyclic 

loading. The purpose of this research was to include all available data and develop prediction 

equations that considered the variables previously mentioned.  

The diameter of the pile is a statistically significant variable for the prediction of induced 

tensile force, the induced tensile force is lower for piles with larger diameters. Fixed head 

conditions were found to have no significant effect on the prediction of induced tensile force. In 

addition, cyclic loading did not have a large impact on the prediction of induced tensile force but 

relative compaction did have an important statistical significance. Prediction equations for 

induced tensile force in welded wire reinforcements were developed for relative compaction less 

than 95 percent and relative compaction greater or equal to 95 percent.  A general prediction 

equation (Eq. 3-4) was developed for ribbed-strip reinforcements that included the effect of pile 

diameter and larger pile head loads. With 1058 data points, this equation had an R2 value of 0.72. 

A general prediction equation (Eq. 3-9) was also developed for welded-wire reinforcements that 

included data from cyclic and static loading, fixed and free head conditions, and relative 

compaction for 12-inch wide piles with a higher range of pile head loads. This equation based on 

2070 data points had an R2 value of 0.72.  The prediction equations developed based on all the 

available data are superior to equations developed based on the original set of field tests. 

 

Keywords: MSE wall, laterally loaded piles, relative compaction, reinforcement force  
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1 INTRODUCTION 

 

 

Mechanically stabilized earth (MSE) walls have been used widely in the construction 

industry and their use as a bridge abutment is very common. Additionally, piles within the 

reinforcement zones of MSEW for abutments are often a solution for a foundation system. Piles 

must be designed to support axial load as well as lateral loads from thermal expansion and 

contraction, earthquakes, and traffic loads. Dr Kyle Rollins’ research team developed two 

multiple linear regression equations to predict the maximum induced tensile force in reinforcing 

elements in MSE walls when piles are loaded laterally (Luna, 2016); however, these equations 

were developed for a limited range of pile diameters, pile head loads and pile head fixity 

conditions. Additional full-scale testing (Wilson 2020 and Flores, 2020) suggest that these 

equations should be updated to appropriately account for a wider range of loading conditions.   

Pile caps and bridge abutments, that can be approximated by a fixed head boundary condition 

are very common in bridge design. Most of the time, piles have caps to help transfer loads from 

the structure to the foundations. In contrast, the lateral pile load tests used by Luna (2016) to 

develop the equations for induced force in the reinforcement were all free-head piles. Therefore, 

the effect of a fixed head boundary condition on the induced reinforcement force has not been 

considered. Additionally, for the development of the prediction equations, most of the load tests 

were performed with 12.75-inch diameter piles, within soil having a relative compaction 90% of 

the stand Proctor density, and all the tests were performed for static loading case. Therefore, 

using piles of greater diameter, with different relative compaction, and cyclic loading could have 

a considerable impact in the prediction of the induced forces in the reinforcing elements. 
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Understanding these conditions will help optimize the design of bridge abutments with MSE 

wall. 

In the following study, data from additional large scale lateral load tests on piles near MSE 

walls will be used to ameliorate prediction equations for the maximum induced tensile force in 

reinforcing elements. These tests involve fixed head loading, cyclic loading, 24-inch diameter 

piles and backfill compacted to 95% of the standard Proctor density.  

1.1 Objectives 

The objectives of this study are the following: 

1. Develop correlation equations to predict induced tensile force in reinforcing elements for 

MSEW from piles installed within the reinforcement zone that are laterally loaded. 

2. Study the effect of relative compaction, pile head fixity, cyclic loading, and larger 

diameter piles on the induced tensile force in reinforcing elements in MSE wall when 

piles behind the wall are laterally loaded. 

1.2 Scope 

Researchers have already developed two prediction equations for reinforcing elements in 

MSE walls due to laterally loaded piles within the reinforcement zone (Luna, 2016). Data for 

these equations were obtained from full-scale tests. These equations were developed for welded 

wire reinforcement and ribbed strip reinforcements where the reinforced soil was compacted to 

around 90% relative compaction based on a standard Proctor test.  This study will add into the 

statistical data for induced tensile force in the reinforcing elements from full-scale lateral load 

tests performed on 24 inch diameter piles, cyclically loaded piles (Wilson, 2020), and piles with 

fixed head condition.  In addition, the relative compaction of the soil will be taken into 

consideration. Multilinear regression analyses will be performed to develop equations to predict 
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the induced tensile force for each of the various loading conditions, Finally, attempts will be 

made to develop a single equation that can predict the induced tensile force for all the loading 

conditions for the two separate steel reinforcement types. The statistical significance of different 

variables will be studied to determine the effect of the mentioned conditions. 

1.3 Outline 

This study shows full scale tests data of laterally loaded piles behind MSE wall for piles and 

reinforcing soil elements. It has data from strained ribbed strip reinforcement and welded wire 

reinforcement in MSE wall that were strained during the load tests. Moreover, it shows a 

statistical analysis to select variables that are statistically significant and the development for a 

multiple linear regression for ribbed strip reinforcements and welded wire separately using data 

from phase 1, phase 2 of the tests to make the input is dimensionless, and phase 3 to include data 

from laterally loaded large diameter piles. Additionally, Phase 3 prediction equations will be 

tested on group piles data. 

Furthermore, a prediction equation for welded wire reinforcement will be develop for phase 

1 and phase 2 to make the input dimensionless. Data from phase 3 is added into the prediction 

equation which includes piles that were laterally loaded with a pile cap with the intent of 

including fixed head conditions. Cyclically loaded piles test data will be also compared with the 

developed prediction equation and an equation that includes cyclically loaded piles was 

developed. 
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2 BACKGROUND INFORMATION 

 

 

2.1 Laterally loaded piles behind MSEW 

Dr Kyle Rollins’ research team performed full-scale tests that were divided into 3 phases. 

Phase 1 included full-scale load tests on piles that were laterally loaded behind MSE walls that 

had a height of 15 ft, and relative compaction of the soil between the piles and the face of the 

wall was of about 90%. It included cases with the following conditions: pipe piles and H piles in 

the reinforced area with ribbed strip reinforcement and square and pipe piles in the reinforced 

area with welded wire reinforcement. Figure 2-1 shows a plan view of the MSE wall with the 

different conditions described for phase 1. Phase 2 increased the height of the wall to 20 ft. 

 

Figure 2-1. Plan view of the MSEW for Phase 1 test loads (Luna, 2016)
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 For phase 3 of the load tests the top 6.25 ft of the MSE wall was replaced with a more 

compacted soil that achieved a relative compaction between the piles and the face of the wall of 

about 95%. 24-inch diameter piles and piles that were loaded as a group were placed in the 

ribbed strip reinforced zone and capped piles with cyclically loaded piles were placed in the 

welded wire reinforced area. Figure 2-2 shows a plan view of the MSE wall for these tests. 

 

Figure 2-2. Plan view of the MSEW for phase 3 

Strain gauges were placed on the reinforcing elements to measure the strain that they 

experienced when the piles were loaded laterally. Researchers (Han, 2014), observed an increase 

in the maximum tensile force experienced by the reinforcing element as the lateral load applied 

to the head of the pile increased. They also observed that as the spacing between the piles and the 

wall decreased the maximum induced force increased. This could be because as the spacing 
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between the wall and the pile decreases, the volume of soil resisting lateral pile deflection 

decreases and there is less soil to take stresses, thus, the reinforcement equilibrates these stresses. 

A schematic drawing illustrating the likely behavior of the pile-soil-reinforcement 

interaction is presented in Figure 2-3. The force distribution in the reinforcement suggests that 

soil in front of the pile is being pushed forward as the pile is loaded while soil behind the pile is 

resisting movement of the reinforcement. In front of the pile, the soil is moving toward the wall 

relative to the reinforcement. This leads to an increase in tension in the reinforcement, moving 

from the wall to the pile, as load is transferred from the soil to the reinforcement by skin friction. 

Any positive tensile force in the reinforcement at the wall face is likely a result of the increased 

earth pressure on the wall. Behind the pile, the reinforcement is moving towards the wall relative 

to the soil. This leads to a decrease in tension in the reinforcement, moving from the pile to the 

end of the reinforcement, as load is transferred to the surrounding soil by skin friction. 
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Figure 2-3. Interaction between soil and soil reinforcements when a pile is laterally loaded (Han, 

2014) 

 

Figure 2-4. Instrumentation of a ribbed strip reinforcement 

The tensile force in the soil reinforcements were calculated with data recorded from strain 

gauges. Ribbed strip reinforcements were instrumented with strain gauges on both the top and 

bottom. The average strain reading was then used to calculate the induced force in the 

reinforcement at various distances from the back face of the MSE wall. Occasionally, strain 

gauges were damaged or failed to give accurate readings, when this happened induced tensile 

force was based only on one value. The measurements were given in micro-strain and the 

induced tensile force in the reinforcing soil elements was calculated with the following 

equations: 

• For ribbed strip reinforcements: 
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𝐹 = 𝐸𝐴 (
𝜇𝜀𝑡+𝜇𝜀𝑏

𝑛
) (10−6)                                                                            (2-1) 

• For welded wire reinforcements: 

𝐹 = 𝐸𝐴 (𝜇𝜀𝐴𝑉𝐺)(10−6)(𝐵 − 1)                                                                             (2-2) 

Where: 

 F is the induced reinforcement load for a given reinforcement grid or a ribbed strip 

reinforcement in kips, 

E is the modulus of elasticity, 2,900 ksi, 

A is the cross-sectional area of a single welded wire (longitudinal), 0.11 in2 or the cross-sectional 

area of a ribbed strip reinforcement, 0.32 in2 

n is equal to 1 when one strain reading is omitted and equal to 2 when neither is omitted, 

μεt is the micro strain of the top gauge, 

μεb is the micro strain of the bottom gauge,  

μεAVG is the average micro strain of the stop and bottom train gauges 

B is the number of longitudinal wires in the reinforcement grid. 

For example, for a ribbed strip reinforcement: 

 A strain gauge measurement of 234.11 μ was taken from the top of the reinforcement. 

𝐹 =  (2900)(0.32) (
234.11

1
) 10−6 = 2.14 𝑘𝑖𝑝𝑠 

For a welded wire grid reinforcement with an average strain measurement of 204.04 μ and five 

longitudinal bars,  

𝐹 =  (2900)(0.11)(4)(204.04)10−6 = 2.6 𝑘𝑖𝑝𝑠 
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2.2 Maximum tensile force prediction equation on reinforcing elements of MSE wall 

Due to the relatively complicated soil structure interaction between the pile, backfill, wall, 

and soil reinforcement, researchers were unable to develop a simple equation to predict forces 

induced in the soil reinforcements. Instead, regression equations were produced using the 

Statistical Analysis System (SAS) software program and the Data Analysis pack for Microsoft® 

Excel. An effort was made to reduce as many parameters as possible without significantly 

decreasing the R2 value for each model (Luna, 2016). Separate equations were developed for the 

ribbed strip and welded-wire reinforcement types because of the difference in geometry of the 

two reinforcements. 

The most recent regression analysis of ribbed strip soil reinforcements used 942 data 

observations from previously performed studies, resulting in an R2 value of 0.71. In this 

equation, the maximum induced force in a ribbed strip reinforcement due to a laterally loaded 

pile is calculated with the following prediction equation: 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^ (0.13 + 0.028𝑃 − 2.2𝑥10−4𝑃2 − 0.01
𝑇

𝐷
 −0.0021𝑃

𝑇

𝐷
− 0.031

𝑆

𝐷
) − 1     (2-3) 

Where: 

F is the maximum predicted tensile force (kip), 

P is the pile head load (kip), 

T is the transverse distance from reinforcement to pile center (in.), 

D is the pile diameter (in.), and 

S is spacing from pile center to back face of MSE wall (in.). 
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Figure 2-5 shows the predicted induced load on the reinforcement using Equation 2-3 

compared with the measured loads, (Luna, 2016). The solid line represents perfect agreement 

where the measured load equals the predicted load, while the dashed lines represent the mean 

plus and minus one and two standard deviations. 

 

Figure 2-5. Predicted versus measured maximum ribbed strip reinforcement tensile force. (Luna, 

2016) 

The most recent regression analysis of welded wire soil reinforcements used 1,058 data 

observations from previously performed studies, resulting in an R2 value of 0.72. In this 

equation, the maximum induced force in a ribbed strip reinforcement due to a laterally loaded 

pile is calculated with the following empirical equation: 

∆𝐹(𝑘𝑖𝑝) = 10^(−0.04 + 0.027𝑃 − 2.7𝑥10−4𝑃2 + 5.7𝑥10−4𝜎𝑉 − 2.6𝑥10−7𝜎𝑉
2 − 0.08

𝑇

𝐷
) − 1 

(2-4) 
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where  F = the maximum predicted tensile force (kip), 

P = the pile head load (kip), 

σv = the vertical stress (psf), 

T = the transverse distance from reinforcement to pile center (in.), and 

D = the pile diameter (in.).  

In contrast to the equation for ribbed-strip reinforcements, the regression equation for 

welded wire soil reinforcement, Equation 2-4, considers the vertical effective stress acting at the 

level of each reinforcement. It is noted that unlike the regression equation for ribbed strip soil 

reinforcement, Equation 2-3, the equation for welded wire reinforcement does not consider the 

pile-to-wall spacing. 

Figure 2-6 shows the predicted induced load on the reinforcement using Equation 2-4 

compared with the observed loads, (Luna, 2016). The solid line represents the case where the 

measured load equals the predicted load, while the dashed lines represent the mean plus and 

minus one and two standard deviations. 
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Figure 2-6. Predicted versus measured maximum welded wire reinforcement tensile force (Luna, 

2016) 

2.2.1 Using prediction equation on large diameter piles 

During Phase 3 research, Dr. Rollins’ research team performed lateral load tests on  24-

inch diameter piles behind an MSE wall. The soil compaction level was changed to more 

thoroughly investigate different conditions. The 24-inch diameter piles were driven at distances 

of 4, 6, 8, and 10 ft (or 2, 3, 4, and 5 pile diameters) behind the back face of the MSE to the 

center of the test piles. As mentioned before, the MSE wall height during these tests was 20 ft, 

reinforcements were 18 ft long, and soil in the top 6.25 ft from the surface was compacted to 

95% relative to the standard Proctor between the face of the wall and the piles. 

Strain gauges were attached to the ribbed stripped reinforcements for test as shown in 

Figure 2-7.  The predicted maximum tensile force experienced by each instrumented 
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reinforcement during the four statically loaded pile tests was calculated using equation 2-4 for 

each load increment for each of the four test piles (Wilson, 2020).  

 

Figure 2-7. Map of the soil reinforcements near the 24-inch piles. (Wilson, 2020) 

The predicted maximum tensile force was compared afterwards to the maximum 

observed tensile forces in the various reinforcements during lateral load testing of each pile. 

Figure 2-8 shows a comparison of the log of the measured maximum tensile force plus one 

relative to the log of computed maximum tensile force plus one. About 64% of the data points 

fell within one standard deviation boundary of the mean which is close to the 68.2% expected for 

a normal distribution; however the data points appear to be more evenly distributed than 

anticipated. 
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Figure 2-8. Statistical comparison of previously suggested equation for prediction of tensile force 

experienced by the soil reinforcements and the measured tensile force by ribbed strip 

reinforcements. (Wilson, 2020). 

2.2.2 Using prediction equation on piles with fixed head conditions 

Induced tensile for in the reinforcements was also evaluated in phase 3 of the tests 

laterally loaded test piles with a fixed head boundary condition. These tests involved four H-piles 

that were driven at distances of 2.3, 3.2, 4.3, and 5.8 diameters from the back face of the wall to 

the center of the pile. After compaction, a 4 ft x 4 ft by 2 ft thick pile cap was poured around the 

test piles to produce a fixed-head condition.  Roller bearings were placed between the base of the 

cap and plywood sheet on the ground surface to minimize base friction. Relative compaction of 

the soil adjacent to these piles was of about 100% relative to the Proctor standard test density. 
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Furthermore, strain gauges were placed along the reinforcements behind the MSE wall. 

This section of the wall had welded wire reinforcements. Figure 2-9 shows a diagram of the 

location of these strain gauges relative to the test pile caps and the MSE wall. 

 

Figure 2-9. Location of the strain gauges in the welded wire reinforcements for fixed head test piles. 

The predicted maximum tensile force was compared afterwards to the maximum 

observed tensile forces in the various reinforcements during lateral load testing of each pile. 

Figure 2-10 shows a comparison of the log of the measured maximum tensile force plus one 

relative to the log of computed maximum tensile force plus one. To compute the maximum 

tensile force in the reinforcement for welded wire equation 2-4 was used. It is important to notice 

that this equation was developed with free head conditions data. In addition, applied loads in this 

test were 150 to 300% greater than those applied to the free-head condition piles. Thus, this 
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significantly increased the measured tensile force leading to poor agreement with the predicted 

tensile force. 

 

Figure 2-10. Statistical comparison of previously suggested equation for prediction of induced 

tensile force by soil reinforcements and the measured tensile force by welded wire reinforcements. 

2.2.3 Using prediction equation on group piles 

In addition, for phase 3 there were 3 piles of 12.75-inch diameter which were driven to 1.8, 

2.8, and 3 diameters away from the face of the wall. This section of the wall had ribbed strip 

reinforcements and the relative compaction between the face of the wall and the piles was about 

95% of the standard Proctor maximum density. 

Strain gauges were placed in the ribbed strip reinforcement to measure the tensile force and 

the maximum was obtained from those to compare it with the calculated values with equation 2-
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4. Figure 2-9 shows the location of the soil reinforcements respective to the location of the wall 

and the piles (Farnsworth, 2020). 

 

Figure 2-11. Location of ribbed strip reinforcements and the piles that were tested as a group 

(Farnsworth, 2020). 

The maximum induced tensile force was calculated individually for each pile and it was 

superposed afterward to consider the effect of all the piles loaded as a group. Figure 2-12 shows 

the comparison of the log of the maximum measured tensile force in the ribbed strip 

reinforcements versus the log of the maximum predicted tensile force in ribbed strip 

reinforcements with equation 2-4. 
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 The percentage of data points from this study within the one and two standard deviation 

boundaries are 63% and 85%, respectively, which is in good agreement with expectation for a 

normal distribution. However, using the superimposition approach with equation 2-4 tended to 

overestimate induced tensile forces for large pile head loads. Therefore, high lateral loads may be 

beyond the range of applicability for equation 2-4. 

 

Figure 2-12. Measured versus predicted maximum tensile force in grouped pile soil reinforcements 

(Farnsworth, 2020). 
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3 STATISTICAL ANALYSIS 

For practical purposes, explanatory or independent variables were normalized by dividing 

by certain values to make the input in the prediction empirical equations dimensionless. As was 

done previously, a logarithmic transformation was used for the measured induced force on the 

reinforcements because the forces appeared to be log-normally distributed. Transverse distances 

between the reinforcement and the center of the piles were divided by the diameter of the piles, 

while distances normal to the wall, from the back face of the wall to the center of the pile, were 

also divided by the pile diameter. The load measured by the load cell was divided by the axial 

yield force equal to the cross-sectional area of a 12.75-inch diameter pile times the yield 

strength.  For example, for a 12.75” diameter pile, a constant value of yield force equal to 775 

kips was calculated as the cross-sectional area of the 12.75” diameter steel pipe (13.59 in2) 

multiplied by the yield strength (fy) of 57 ksi. Additionally, the vertical stress calculated at the 

depth of each reinforcement was divided by an atmospheric pressure value of 2109 psf. Table 3-

1 summarizes the normalization values mentioned before. 

Table 3-1: Values used to normalize the independent variables to make the prediction equations 

dimensionless. 

Atmospheric pressure, pa (psf) Diameter of the pile, D (in) Yield force, Py (kips) 

2100 12.75 – 24 (Variable) 775 

As indicated previously, data was gathered from free-head lateral pile load tests conducted 

with approximately 12-inch diameter pipe, square and H piles adjacent to the MSE walls in 

phase 1 of the study previously collected by Luna (2016).  In addition, we gathered data from the 

fixed-head tests on 12-inch H piles (Flores, 2019) as well as cyclic lateral free-head pile load 
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tests conducted on 12.75 inch diameter pipe piles (Wilson, 2019) adjacent to MSE walls in Phase 

3. Finally, we collected data on lateral free-head pile load tests conducted by Wilson (2019) on 

24-inch diameter pipe piles near the MSE walls Phase 3.   

After gathering all the data from all the tests, the statistical software package JMP Pro 15 

SAS was used to perform multi-variable regression analyses. Data from the induced tensile force 

on MSE walls with ribbed strip reinforcement and welded wire reinforcement were input 

separately as shown in Figure 3-1 and Figure 3-2. 

 

Figure 3-1: Variables input in JMP for MSE wall with welded-wire reinforcement. 

 

Figure 3-2: Variables input in JMP for MSE wall with ribbed strip reinforcement. 

For practical purposes, the prediction equation was required to have less than five terms 

involved. Therefore, for the variable selection, a forward stepwise regression was used with a 

Bayesian information criterion as a stop rule. For the terms evaluated, single explanatory 

variables, interaction terms and quadratic terms were introduced into the stepwise regression.  
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Afterwards, the terms were reduced according to p-value from the highest to the lowest ones 

until having five terms. A lower p-value means that the term has a higher statistical significance 

in the empirical equation. 

Furthermore, having all the terms of higher significance, a multiple linear regression was 

developed using JMP Pro 15.  Equation 3-1 is the general multiple linear regression equation; 

coefficients were calculated with the least squares method to approximate its solution to the 

minimum sum of squared residuals. 

𝐿𝑜𝑔(𝑦 + 1) = 𝛽0 + 𝛽1𝑥1 + 𝛽2𝑥2 + 𝛽3𝑥1𝑥2 + 𝛽4𝑥1
2 … + 𝛽𝑛𝑥𝑛 + +𝛽𝑚𝑥𝑛𝑥𝑚 + 𝛽𝑝𝑥𝑛

2.. (3-1) 

Where: 

𝛽𝑖: Parameter’s coefficient 

𝑥2: Explanatory variable 

𝑦: Dependent variable 

Parameter’s estimates were obtained from JMP 15 Pro with an analysis of variance. The p-

value was evaluated for every parameter to determine its statistical significance. Figure 3-3 

shows the output in JMP 15 pro and the statistics of each specific parameter obtained from the 

software. 

 

Figure 3-3: Parameter estimates obtained from JMP 15 pro 

There are some conditions that a statistical model does not consider when making a 

prediction equation. One condition considered is that when the applied force on the pile was zero 
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the induced force on the reinforcement was zero as well. Additionally, when the prediction 

equation calculated a negative induced force, the force was considered to be zero. Measured vs 

predicted charts were developed for each equation to help evaluate its accuracy visually. In 

addition, the coefficient of correlation, or R2 value, was determined for each relationship to 

provide a more quantitative estimate of each equation.  The correlation coefficient gives an 

estimate of the fraction of the variability that the regression equation can explain. For example, a 

correlation coefficient of 0.75 indicates that 75% of the variability in the data is explained by the 

prediction equation. 

3.1 Correlations for Ribbed Strip Reinforcements 

3.1.1 Predictive equation for 12-inch diameter piles for phase 1 and 2  

As noted previously, explanatory variables from the previously developed equations for 

ribbed strip reinforcement (Luna, 2016) were divided by the constant values in Table 3-1 to 

make the input of the values dimensionless. This artifice would ensure that the units of the input 

would not matter if the units of the numerator and denominator values were consistent. 

 Additionally, values that were calculated as negative were assumed to be zero; 

furthermore, the tensile force was assumed to be zero when the applied load at the pile head was 

zero. The prediction equation kept the same explanatory variables as with the previous equation 

and vertical stress was not a variable with statistical significance as was the case for the previous 

equation developed by Luna (2016). 

 The maximum tensile force (ΔF) induced in the reinforcements by an applied pile head 

load is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[0.134 + 22.09
𝑃

𝑃𝑦
− 132.8 (

𝑃

𝑃𝑦
)

2

− 9.7𝑥10−3 𝑇

𝐷
− 1.614 (

𝑇

𝐷
) (

𝑃

𝑃𝑦
) − 0.031

𝑆

𝐷
] − 1  (3-

2) 
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where: 

P is the pile head load in units of force 

Py is the pile yield force under axial compression in units of force (775 kips) 

T is the transverse distance between the center of the pile and the center of the reinforcing strip 

in units of length 

S is the distance from the back face of the wall to the center of the pile in units of length, and 

D is the diameter of the pile in units of length.  

Figure 3-4 shows the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using Equation 

3.2. There are 942 points represented in this plot and the R2 value is 0.72.  The standard 

deviation of the log(1+ΔF) is 0.14. The 1:1 red continuous line represents calculated values that 

have perfect agreement with the measured values, the blue dashed lines represents values that are 

one standard deviation away from the perfect agreement and the black dashed lines represents 

values that are two standard deviations away from the perfect agreement line. This R2 value is 

comparable to that developed by Luna (2016) based on input parameters that were not 

normalized. For low induced tensile force, the equation seems to overpredict given that several 

points are below the red 1:1 line, but afterwards there appears to be less bias and more data 

points lie closer to the perfect agreement line. 
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Figure 3-4: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one comparison for Phase 1 and 2 on ribbed strip reinforcement using 

dimensionless variables. 

3.1.2 Predictive equation for 24-inch diameter piles 

Eq. 3-2, previously developed for phase 1 and 2 testing, has certain limitations. For 

example, it does not consider piles with other diameters than about 12-inches, the soil from the 

data gathered in phase 1 and phase 2 was compacted to about 90% relative compaction relative 

to the standard Proctor test, and pile head loads limited to about 56 kips. 

During phase 3, researchers (Wilson, 2020), studied 24-inch diameter pipe piles laterally 

loaded behind MSE walls reinforced with ribbed strip reinforcements.  Induced tensile force data 

from this test was used with Eq. 3-2 as shown in Figure 2-8 and the measured maximum tensile 

forces in the reinforcements for these tests were considerably higher than those predicted using 

Eq. 3-2 because of the larger pile diameter and the larger pile head loads. Therefore, another 
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regression equation was developed to predict the measured maximum tensile force for this set of 

load test data. 

Using the same methodology described at the beginning of this chapter an empirical 

prediction equation was developed with data from the full-scale test reported by Wilson (2018). 

Variables were also divided by the values in Table 3-1 to make the input of the equation 

dimensionless. In addition, negative values, and values where the pile head load of the pile was 

zero were automatically assumed to be zero. Compaction was not considered as an independent 

explanatory variable for this case since all the data for this test had a relative compaction of 95% 

based on the standard Proctor test. 

 The maximum tensile force (ΔF) induced in the reinforcements by an applied pile head 

load is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[6.87
𝑃

𝑃𝑦
− 11.92 (

𝑃

𝑃𝑦
)

2

− 4.92 (
𝜎𝑣

𝑝𝑎
)

2
+ 4.76

𝜎𝑣

𝑝𝑎
− 0.125

𝑆

𝐷
− 0.65] − 1……..…. (3-3) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force, (775 kips) 

S is the distance from the back face of the MSE wall to the center of the pile in units of length 

D is the diameter of the pile in units of length. 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure, and 

pa is the atmospheric pressure (a constant value) in units of pressure. 

  

Equation 3-3 was developed exclusively for 24-inch diameter piles, as mentioned before, with 

pile head loads in the range from 58 kips to 212 kips. These are some of the limitations of this 



26 

 

equation, however, hereafter regression equations will be described using all available pile test 

data. 

In contrast to Equation 3-2, developed for the 12.75 inch piles, the vertical effective 

stress had statistical significance and was included in the equation.  In contrast, one variable that 

did not have statistical significance for this test was the transverse distance between the 

reinforcing strip and the center of the pile. This might be due to the tested piles being too close to 

each other, thus, making the backfill failure planes overlap (Wilson, 2020).  In addition, the 

horizontal distance from the pile to the reinforcements were all less than 1.8 pile diameters from 

the center of the pile. This may have provided insufficient information by which to see the effect 

of transverse distance. 

Figure 3-5 shows the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using Equation 

3-3. For this case, 136 data points were collected, the R2 is 0.69, and the standard deviation of 

the log(1+ΔF) is 0.14. A review of the data does not suggest any apparent bias in the predictions. 

Figure 3-5 illustrates that the data is very well distributed for the different measurements of 

induced tensile force and that there are no induced tensile force data points less than 1.37 kips 

[i.e., Log(ΔF+1) = 0.37] due to the high loads involved in this test. Furthermore, Equation 3-3 

can predict tensile force of up to 14.8 kips [i.e., Log(ΔF+1) = 1.19] with reasonable accuracy 

(typically within one standard deviation). 
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Figure 3-5: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one in ribbed strip reinforcement comparison for laterally loaded 24” 

diameter piles behind MSE wall. 

3.1.3 Predictive equations for all pile tests 

Although the predictive equations for the 12-inch (Equation 3-2) and 24-inch diameter 

(Equation 3-3) pile tests both provide reasonable estimates of the measured maximum tensile 

force in the reinforcements, it would be desirable to develop one equation that could account for 

the entire range of pile diameters and geometric variables. To investigate this possibility, test 

data from the 24-inch and 12-inch diameter piles test was combined together, and a new 

regression equation was developed for the entire data set from phases 1, 2 and 3. 

Given that the phase 3 testing included several changes, the diameter of the pile and the 

relative compaction became explanatory variables of interest to study. To keep the pattern of 
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producing an equation where the input variables are dimensionless, the diameter variable was 

divided by a constant value of 12.75-inches, because the diameter of most of the piles in the 

dataset was close to this value.  

The maximum tensile force (ΔF) induced in the reinforcements by an applied pile head load (P) 

is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[17.83
𝑃

𝑃𝑦
+ 0.233

𝐷

𝐷𝑜
− 3.83𝑥10−2 𝑆

𝐷
− 5.8𝑥10−2 (

𝑇

𝐷
) − 8.22 (

𝑇

𝐷
) (

𝑃

𝑃𝑦
) − 0.12] − 1     

(3-4) 

Where: 

Py is the pile’s yield force under compression in units of force (775 kips) 

T is the transverse distance between the center of the pile and the reinforcing strip in units of 

length 

S is the distance from the back face of the wall to the center of the pile in units of length 

D is the diameter of the pile in units of length. 

Do is a constant diameter of 12.75” in consistent units of length consistent with D 

For this equation, negative predicted values of tensile force are assumed to be zero and tensile 

force was automatically assumed to be zero when the pile head load was zero. 

Equation 3-4 is based on 1078 data points which are all from full-scale tests. The R2 for 

this prediction equation is 0.72 and the standard deviation of the log(1+ΔF) is 0.16. It is noted 

that the relative compaction was not one of the final explanatory variables, however, this does 

not mean that it does not have statistical significance. It simply indicates that the other variables 

had greater statistical significance. As the selection of variables was being performed, the R2 of 

the multiple linear regression was 0.75 and involved three terms that included relative 

compaction (Rc). However, at this point, the regression equation had 8 terms, making it more 
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difficult to apply in practice. Therefore, we decided to remove the relative compaction terms for 

the sake of simplicity. Additionally, for this case the vertical effective stress was not one of the 

variables with statistical significance as was the case for the equation based only on the 12-inch 

diameter pile tests.  

Figure 3-6 shows the logarithm of measured maximum induced tensile force plus one in 

vs the logarithm of the calculated maximum induced tensile force (in kips) plus one using 

equation 3-4. Square green data points are those that were added from phase 3 testing with the 

24-inch diameter piles and the blue circles were all data points from phase 1 and phase 2 with the 

12-inch diameter piles. The agreement between the measured and computed data points is 

reasonably good and there does not appear to be any obvious bias. Nevertheless, the prediction 

of the tensile force for the 24-inch diameter piles appears to be a little less accurate than that for 

the 12-inch piles. 
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Figure 3-6: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one in ribbed strip reinforcement comparison for all diameters. 

A comparison of the Phase 1 & 2 equation with the Phase 3 equation is provided with 

Figure 3-7. The equations were tested keeping all the variables constant and increasing the load. 

The reason why the load was chosen as the variable factor is because it is the explanatory 

variable that has the most statistical significance. Constant values assumed for this comparison 

were a transverse distance of the center of the pile to the reinforcing strip of 0.66D, spacing 

between the back face of the wall to the center of the pile of 2D, and a diameter ratio of 1 (i.e., D 

= 12.75”). 

Round data points are maximum induced tensile force calculated with the phase 1, 2 and 

3 prediction equation and triangular data points were calculated with the phase 1 & 2 prediction 

equation. 

 

Figure 3-7: Comparison of the maximum induced tensile force calculated with Phase 3 and Phase 1 

& 2 prediction equations for a laterally loaded 12.75-inch diameter pile. 
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The predicted values for the combined data set (Equation 3-4) are very similar to the 

predicted values for the 12-inch piles (Equation 3-2) up to a pile head load of about 52 kips.  

However, at higher pile head loads, Equation 3-2 begins to significantly underestimate the 

computed force relative to Equation 3-4. The equation for the combined data set provides a better 

estimate of the maximum induced tensile force for higher head pile loads and it can predict 

higher induced tensile force than the equation developed for the 12-inch piles where the pile 

head loads were lower as can be observed in Figure 3-7. 

Another variation of the 24-inch pile testing that was included with the higher loads was 

the variation with the pile diameter. Thus, we have also made comparisons between Equations 3-

2 and 3-4 keeping all the values constant but increasing the load. However, this time we have 

used a pile diameter ratio of 1.88 (i.e., D = 24-inches). All the other values were the same as with 

the previous comparison. Figure 3-8 shows the comparison of the maximum induced tensile 

force with increasing pile head load for a 24-inch pile diameter.  
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Figure 3-8: Comparison of the maximum induced tensile force calculated with Phase 3 and Phase 1 

& 2 prediction equations for a laterally loaded 24-inch diameter pile. 

One effect that can be observed from the comparison of the equations is that the 

combined equation (Equation 3-4) computes smaller maximum induced tensile forces and there 

is a notable difference between the predicted values for both equations. The reason that the 24-

inch diameter pile causes less induced tensile force on ribbed strip reinforcements is because a 

laterally loaded 24-inch diameter pile deflects less than a 12.75-inches diameter pile for the same 

load. It makes the soil, and its reinforcing elements receive less strain from the stresses induced 

due to the laterally loaded pile. This comparison shows that the equation based on the 12-inch 

pile tests is not very suitable for laterally loaded large diameter piles.  

 Additionally, Equation 3-4 based on all the test data seems to over-predict tensile force 

for pile head loads below 20 kips. The reason for this is that the data for large diameter piles has 

pile head loads higher than about 60 kips and our multi-linear regression model does not include 

data for loads lower than that for the larger diameter piles. 

3.1.4 Group piles 

Another test that was performed for phase 3 included piles laterally loaded as a group 

behind an MSE wall (Farnsworth, 2020). From Figure 2-12 it was observed that superposing the 

tensile force on the reinforcing strips caused by the laterally loaded piles provides accurate 

calculations. In addition, the original equation based on the 12-inch pile testing in phase 1 & 2 

equation was tested, and it predicted maximum tensile force relatively well. 

Figure 3-9 shows the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using superposed 

data from the group piles test with Equation 3-4. 



33 

 

 

Figure 3-9: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one comparison using data from group pile test with Equation 3-4.  

There are 39 data points that lie within the one standard deviation region which is 39 

percent of the data, and 86 data points that fall within two standard deviation region which is 

78.9 percent. This shows that the equation is not as accurate as would be expected for a normal 

distribution.  In contrast, the data points seem to be spread out more uniformly. For ideal results 

there should be 68.27% data points within the one standard deviation region and 95.45 percent 

data points within the two standard deviation region. 

 Equation 3-3 which was developed with the large diameter piles test data, was also tested 

with this data from the group pile test given that the soil conditions were very similar. Figure 3-
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10 shows the logarithm of measured maximum induced tensile force plus one in kips vs the 

logarithm of the calculated maximum induced tensile force plus one using Equation 3-3. 

 

Figure 3-10: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one comparison using data from group pile test with large diameter piles 

prediction equation. 

There are 50 data points within the one standard deviation region which is 45.9 percent of the 

data and 95 data points within the two standard deviation region which is 87.2 percent. This 

seems to be a more suitable equation for this case.  The reason behind these results is that the soil 

conditions in this test were very similar. Both tests were performed on the same MSE wall at the 

same level of compaction which led to better agreement despite using the different pile diameter. 
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3.2 Welded Wire Reinforcement 

3.2.1 Predictive equation for 12-inch piles (Phase 1 and 2 testing) 

Variables from the previously developed data set for lateral pile load tests next to the 

MSE wall with welded wire reinforcements (Luna, 2016) were also normalized by dividing by 

the constant values in Table 3-1 to make the input of the equation dimensionless. In addition, in 

the process of selecting variables for this equation, a combination of explanatory variables was 

found that improved the accuracy of this prediction equation. Furthermore, if the applied load at 

the pile head was zero, the induced tensile force in the reinforcement was automatically assumed 

to be zero. Likewise, values that were calculated as negative were assumed to be zero. This 

approach increased the R2 value to 0.74. The standard deviation of the log(1+ΔF) is 0.14. 

 Equation 3-4 is the prediction equation developed with the conditions mentioned before. 

Figure 3-11 shows the logarithm of measured maximum induced tensile force plus one in kips vs 

the logarithm of the calculated maximum induced tensile force plus one using Equation 3-4. The 

1:1 red continuous line represents calculated values that have perfect agreement with the 

measured values, the blue dashed line represents values that are one standard deviation away 

from the perfect agreement and the black dashed line represents values that are two standard 

deviations away from the perfect agreement line. 

The maximum tensile force (ΔF) induced in the reinforcements by an applied pile head 

load (P) is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[13.67
𝑃

𝑃𝑦
− 51.04 (

𝑃

𝑃𝑦
)

2

− 0.074
𝑇

𝐷
+ 0.37

𝜎𝑣

𝑝𝑎
− 0.039

𝑆

𝐷
+ 0.62] − 1  …………… (3-4) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 
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S is the distance from the back face of the MSE wall to the center of the pile in units of length 

D is the diameter of the pile in units of length. 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure, and 

T is the transverse distance from the center of the pile to the reinforcing grid.

 

Figure 3-11: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one comparison for Phase 1 and 2 on welded wire using the dimensionless 

input variables. 

Equation 3-4 was tested with the data obtained from the test where piles with fixed head 

conditions were laterally loaded behind an MSE wall that was reinforced with welded wire. 

Figure 3-12 shows the logarithm of measured maximum induced tensile force plus one in kips vs 

the logarithm of the calculated maximum induced tensile force plus one using Equation 3-4. 
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Figure 3-12: Logarithm of measured induced tensile force plus one for data obtained from fixed 

head conditions test vs logarithm of predicted induced tensile force plus one using Equation 3-4.  

Most of the tensile forces seem to be over-predicted since most of the points lie below the 

red line, which means that the predicted values are higher than the measured values. However, 

for a calculated tensile force of around 9 kips and higher [(logΔF+1) > 1] there are several under 

predicted values where measured force substantially higher than predicted. 

In addition, only 34% of the data points lie within the one standard deviation region and 

78% of the data points lie within the two standard deviations region. Therefore, this equation 

does not have the same degree of accuracy for fixed head conditions relative to free-head 

conditions. 
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3.2.2 Predictive equation for piles with fixed head condition 

As noted previously, a fixed head condition was one of the limitations that was not 

considered in phase 1 and 2 testing with the MSE wall reinforced with welded wire. As shown in 

Figure 3-12 the data for the fixed head tests shows more scatter than desired for the equation 

developed with dimensionless inputs for welded wire, however, making an equation with just 

data from fixed head conditions could improve the accuracy of calculations for that condition. 

One unique condition for this test was that the soil was compacted to about a 100% relative 

compaction for a standard Proctor test. 

Based on the regression analysis, the maximum tensile force (ΔF) induced in the 

reinforcements by an applied pile head load is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[5.57
𝑃

𝑃𝑦
− 0.076

𝑆

𝐷
− 0.425

𝑇

𝐷
− 2.81

𝜎𝑣

𝑝𝑎
+ 0.65 (

𝜎𝑣

𝑝𝑎
) (

𝑇

𝐷
) + 2.21] − 1………… (3-5) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 

S is the distance from the back face of the wall to the center of the pile in units of length 

D is the diameter of the pile in units of length. 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure. 

T is the transverse distance from the center of the pile to the reinforcing grid 

Performing the stepwise regression to select explanatory variables, using the Bayesian 

information criterion stop rule, there were 11 terms in the equation and the R2 was 0.9, which 

shows that the computed tensile force correlated very well; however, this equation was judged to 

be too complicated. Reducing the equation to five terms only decreased the R2 value to 0.85, 
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which is a relatively small decrease considering the increased simplicity of the equation. The 

standard deviation of the log(1+ΔF) is 0.15. Figure 3-13 shows the logarithm of measured 

maximum induced tensile force plus one in kips vs the logarithm of the calculated maximum 

induced tensile force plus one using Equation 3-5. There are 194 data points represented in this 

plot. There are no apparent biases or skews in the data and the equation appears to provide a 

robust approach for predicting induced tensile for the fixed head condition test condition. 

 

Figure 3-13: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one comparison in welded wire for laterally loaded piles with fixed head 

conditions. 

3.2.3 Predictive equations with data for free head and fixed head conditions 

Phase 3 of the test with laterally loaded piles behind the MSE wall included, 12” H piles 

that had fixed head conditions, and 12.75” diameter cyclically loaded piles under free head 

conditions. Data points from the fixed head tests were added to data points from phase 1 and 2 
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testing to determine if one equation could be developed to account for both pile head boundary 

conditions. Cyclic loading test observation points are studied separately hereafter. 

After reducing the variables that had statistical significance, an R2 value of 0.82 was 

obtained with eight terms in the multiple linear regression. Three of these terms had the relative 

compaction involved. After eliminating these terms, which had the least statistical significance, 

the R2 value decreased to 0.75 but the prediction equation coefficients were the same as with 

Equation 3-4. This result indicates that head fixity has no effect on the maximum induced tensile 

force in welded wire reinforcing elements behind the MSE wall. Figure 3-14 shows a 

comparison of induced tensile force calculated with Equation 3-4 and Equation 2-4 for an 

increasing pile head load. 

 

Figure 3-14: Comparison of maximum induced tensile force calculated with equation 3-4 and 

equation 2-4 for an increasing pile head load. 

 Both equations have good agreement up to a pile head load of about 40 kips; however, 

for higher loads Equation 2-4 inaccurately predicts a decrease in the maximum tensile force on 

the welded wire reinforcing grid. In contrast, Equation 3-4 provide realistic values of induced 

tensile force for pile head loads up to 100 kips. 
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Figure 3-14 shows the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using Equation 

3-4 including data from the laterally loaded fixed head piles behind MSE wall test. This 

equation, based on 1250 data points, has and R2 value of 0.75. Blue observation points are phase 

1 and phase 2 data points and red squares are observation points from the fixed head condition 

test. The agreement between measured and predicted values for phase 3 appear to be relatively 

consistent with those for phase 1 and 2 despite the higher pile head load.  

 

Figure 3-15: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one using data from all static loading for welded wire data. 
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develop prediction equations for different levels of backfill compaction for welded wire. The 

Federal Highway Administration requires that the backfill in MSE walls should be compacted to 

the specified density, usually 95 to 100 percent of the proctor standard test maximum density and 

within the specified range of optimum moisture content (Federal Highway Administration, 

2009). However, it can be difficult to obtain that level of relative compaction between the back 

face of the wall and the piles. Thus, two equations were developed, one for relative compaction 

less than 95 percent and another one for relative compaction of 95 percent and higher. 

For backfill soil with a relative compaction less than 95%, (typically between 88 and 

95%) the maximum tensile force (ΔF) induced in the reinforcements by an applied pile head load 

is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[11.83
𝑃

𝑃𝑦
− 1.93 (

𝜎𝑣

𝑝𝑎
)

2
+ 2.16

𝜎𝑣

𝑝𝑎
− 0.078

𝑇

𝐷
− 0.059

𝑆

𝐷
+ 0.027] − 1                     (3-6) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 

S is the distance from the back face of the wall to the center of the pile in units of length 

D is the diameter of the pile in units of length. 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure. 

T is the transverse distance from the center of the pile to the reinforcing grid 

Figure 3-16 shows the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using Equation 

3-6 which is for welded wire reinforcing grid in soil with a relative compaction less than 95 

percent. This equation had an R2 of 0.78 with a standard deviation of the log(1+ΔF) is 0.13. The 
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vertical stress of the soil particles at the depth of the reinforcements was the most statistically 

significant variable for this equation. The agreement between the measured and computed data 

points is good and there does not appear to be any obvious bias. 

 

Figure 3-16: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one for welded wire with less than 95 percent relative compaction. 

For backfill soil with a relative compaction greater than 95%, (typically 95 to 100%), the 

maximum tensile force (ΔF) induced in the reinforcements by an applied pile head load is given 

by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[11.69
𝑃

𝑃𝑦
− 36.82 (

𝑃

𝑃𝑦
)

2

+ 1.33 (
𝜎𝑣

𝑝𝑎
)

2
− 0.047

𝑇

𝐷
− 2.28

𝜎𝑣

𝑝𝑎
+ 0.98] − 1                  (3-7) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 
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D is the diameter of the pile in units of length consistent with T 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure. 

T is the transverse distance from the center of the pile to the reinforcing grid in units of length 

Figure 3-17 shows the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using Equation 

3-7 which is for welded wire reinforcing grid in soil with a relative compaction of 95 percent or 

more. This equation has an R2 of 0.86 with a standard deviation of the log(1+ΔF) is 0.15. The 

distance between the back face of the wall and the center of the pile was not a statistically 

significant variable for this equation, in addition, both the vertical stress and the pile head load 

were the most statistically significant variables. The agreement between the measured and 

computed data points is good and there does not appear to be any obvious bias 
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Figure 3-17: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one for welded wire with 95 percent or more relative compaction.  

3.2.4 Cyclic loading test 

Piles that are cyclically loaded behind an MSE wall might have a different effect on the 

reinforcing grid. As noted previously, Wilson (2020) reported results from full-scale tests on 

12.75” diameter piles behind an MSE wall with welded wire reinforcements. Equation 3-4 was 

used to evaluate the need of developing a prediction equation for the cyclic loading case. Data 

was divided into two directions of loading because the magnitude of the induced tensile force is 

significantly less when loads are applied away from the wall in comparison to when loads are 

applied in the direction of the wall (Wilson, 2020). 

Figure 3-18 illustrates the logarithm of measured maximum induced tensile force plus one in 
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3-4 with the data obtained from maximum tensile force measured for cyclically loaded piles 

towards the wall. 

 

Figure 3-18: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one using Equation 3-4 with cyclically loaded piles towards the wall data. 
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additional regression analyses were performed to improve the prediction of induced tensile force 

for the cyclic loading case. 

A prediction equation was first developed for the cyclic loading case when the piles are 

loaded in the direction of the wall. This equation increases the accuracy of calculations for this 

case. The maximum tensile force (ΔF) induced in the reinforcements by a cyclically applied pile 

head load in the direction of the wall is given by the prediction equation, 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[12.49
𝑃

𝑃𝑦
− 0.171

𝑇

𝐷
− 1.68

𝜎𝑣

𝑝𝑎
+ 0.25 (

𝜎𝑣

𝑝𝑎
) (

𝑇

𝐷
) + 0.98] − 1……………………… (3-8) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 

D is the diameter of the pile in units of length consistent with T 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure. 

T is the transverse distance from the center of the pile to the reinforcing grid in units of length 

 It should be noted that for this equation the distance between the back face of the wall 

and the center of the pile was not statically significant, thus, the equation could be reduced to 

four terms without significantly reducing the R2 value. The R2 value for equation 3-8 is 0.82 and 

the standard deviation of the log(1+ΔF) is 0.17. Figure 3-19 shows the logarithm of measured 

maximum induced tensile force plus one in kips vs. the logarithm of the calculated maximum 

induced tensile force plus one using Equation 3-8 which is for welded wire reinforcing grid for 

laterally loaded piles cyclically loaded in the direction of the wall. 
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Figure 3-19: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one using equation 3-8 with cyclically loaded piles towards the wall data. 

 

Figures 3-20 to 3-23 provide plots showing comparisons of the induced tensile force versus 

pile head load for the static loading (Equation 3-4) and the cyclic loading (Equation 3-8) vs pile 

head load. These figures show the differences in the induced force for piles located at 2, 3, 4 and 

5 pile diameters, respectively from the back face of the wall to the center of the pile. The vertical 

stress and the transverse distance between the reinforcing grid and the center of the pile were 

kept constant in all cases. 
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Figure 3-20: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a S = 2D 

 

Figure 3-21: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a S = 3D 
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Figure 3-22: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a S = 4D 

 

Figure 3-23: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a S = 5D 
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located closer to the MSE wall, good agreement was observed at progressively higher load. For 

example, for a pile at two pile diameters behind the wall, agreement was good up to pile head 

loads of about 45 kips. At higher loads, the cyclic equation produced much higher reinforcement 

forces than predicted by the static load equation. 

Likewise, Figures 3-24 to 3-26 show comparisons between induced tensile force in the 

reinforcements for static and cyclic loading while keeping the distance from the back face of the 

wall and the center of the pile constant but increasing the vertical stress on the reinforcement. 

The vertical effective stress was increased from that at reinforcement depths of 1.25, 3.75 and 

6.25 ft, respectively for the three figures. There is good agreement between the cyclic and static 

equations up to pile head loads of about 30 kips for the effective stress at a depth of 1.25 ft and 

the pile head load limit for good agreement increases to 40 and 48 kips at effective stresses 

acting on the reinforcements at 3.75 ft and 6.25 ft, respectively. 

 

Figure 3-24: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a σv at a depth of 1.25 ft 
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Figure 3-25: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a σv at a depth of 3.75 ft 

 

Figure 3-26: Comparison of induced tensile force with static loading equation and cyclic loading 

equation for a σv at a depth of 6.25 ft 
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As a final step, the induced tensile force data from the cyclic loading tests were added to the 

tensile force data for the static loading tests involving free head and fixed head piles. Multi-

variable regression analyses were performed and the maximum tensile force (ΔF) induced in the 

welded-wire reinforcements by an applied pile head load was given by the prediction equation,- 

∆𝐹(𝑘𝑖𝑝𝑠) = 10^[15.89
𝑃

𝑃𝑦
− 56.28 (

𝑃

𝑃𝑦
)

2

− 0.051
𝑇

𝐷
− 0.556

𝜎𝑣

𝑝𝑎
− 0.021𝑅𝑐 + 2.4] − 1               (3-9)         

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 

D is the diameter of the pile in units of length, consistent with T 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure. 

T is the transverse distance from the center of the pile to the reinforcing grid 

Rc is the relative compaction of the soil between the back face of the pile and the pile 

 The R2 value is 0.75 and the standard deviation is 0.18 for a data set consisting of 2370 

observations. It is noted that the relative compaction was more statistically significant than the 

distance between the back face of the wall and the center of the pile. This is due to the 

importance of the level of compaction in the test. For the cyclic loading test, the soil between the 

wall and the pile had a relative compaction of 95 percent in comparison to the maximum density 

for the standard Proctor test.  

Figure 3-27 compares the logarithm of measured maximum induced tensile force plus one in 

kips vs. the logarithm of the calculated maximum induced tensile force plus one using equation 

3-9 with all the data from laterally loaded piles behind the MSE wall with welded wire 

reinforcing grid. 
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Figure 3-27: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one using equation 3-9 with all data from tests involving welded wire. 

Data from the cyclic loading test did not decrease the R2 from the equation but it did 

increase the standard deviation as more data was added.  Nevertheless, Equation 3-9 provides a 

reasonable estimation of the measured force considering that the data includes test results from 

static and cyclic loadings as well as free head and fixed head boundary conditions. 

Figures 3-27 to 3-29 provide a comparison of the difference in the computed induced tensile 

force with increasing pile head load for different vertical stress on the reinforcement, which was 

a parameter with the most influence on the results. 
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Figure 3-28: Comparison of induced tensile force with static & cyclic loading equation and only 

cyclic loading data equation for σv at a depth of 1.25 ft. 

 

Figure 3-29: Comparison of induced tensile force with static & cyclic loading equation and only 

cyclic loading data equation for σv at a depth of 3.75 ft. 
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Figure 3-30: Comparison of induced tensile force with static & cyclic loading equation and only 

cyclic loading data equation for a σv at a depth of 6.25 ft 

It can be observed that adding cyclic loading data into the prediction equation with static 
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compared with the equation with only cyclic loading data. Above this load the cyclic load 

exceeds the predicted value using the equation for the entire data set. For pile head loads less 

than 60 kips, the disagreement appears to increase as the vertical stress increases to that a depth 

of 6.25 ft. 

Another condition that was evaluated separately is the cyclic loading of piles behind the 

MSE wall in the direction away from the wall. Data obtained from the full-scale load test was 

compared with the induced force predicted by Equation 3-4 to determine if this equation would 

provide reasonable agreement. 
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Figure 3-31 illustrates the logarithm of measured maximum induced tensile force plus one in 

kips vs the logarithm of the calculated maximum induced tensile force plus one using Equation 

3-4 with data from cyclic laterally loaded piles in the direction away from the wall. 

 

Figure 3-31: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one using equation 3-4 with cyclic loading away from the wall test data. 

 It can be observed that most of the data points from this comparison are below the plus 

one to two standard deviation line.  This fact leads to the conclusion that Equation 3-4 

overpredicts the measured induced force for piles loaded cyclically away from the wall. This is 

due to the increased volume of soil that is available to carry the lateral stresses in contrast to the 

case when loading towards the wall.  As a result, the reinforcements are not strained as much, 

thus, this is not likely to be a critical condition. 

 A prediction equation was also developed from data for cyclic loading away from the 

wall. In this case, the maximum tensile force (ΔF) induced in the reinforcements by an applied 

pile head load is given by the prediction equation, 
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∆𝐹(𝑘𝑖𝑝𝑠) = 10^[4.88
𝑃

𝑃𝑦
+ 0.081 (

𝑆

𝐷
)

2
− 0.51

𝑆

𝐷
− 0.037

𝑇

𝐷
− 0.7

𝜎𝑣

𝑝𝑎
+ 1.25] − 1                     (3-10) 

Where: 

P is the pile head load in units of force 

Py is the yield force of a 12.75” diameter pile under compression in units of force (775 kips) 

S is the distance from the back face of the wall to the center of the pile in units of length 

D is the diameter of the pile in units of length. 

σv is the vertical stress of the soil at the depth of the reinforcing strip in units of pressure 

pa is the atmospheric pressure (a constant value) in units of pressure. 

T is the transverse distance from the center of the pile to the reinforcing grid 

This equation has an R2 value of 0.69 and a standard deviation of the log(1+ΔF) is 0.1. This 

shows that the data correlates fairly well and the prediction equation has a lower standard 

deviation than other developed equations. In addition, it is noted that for this condition the 

spacing between the back face of the wall and the center of the pile has a high statistical 

significance.  

Figure 3-32 illustrates the logarithm of measured maximum induced tensile force plus 

one in kips vs the logarithm of the calculated maximum induced tensile force plus one using 

Equation 3-4 with data from cyclic laterally loaded piles in the direction away from the wall. The 

maximum calculated value of induced tensile force in reinforcing welded wire grid for this 

condition was of about 5.3 kips. 
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Figure 3-32: Logarithm of measured induced tensile force plus one vs logarithm of predicted 

induced tensile force plus one for cyclic loading away from the wall. 
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4 SUMMARY AND CONCLUSIONS 

 

 

4.1 Summary 

In this study we collected data defining induced tensile force in reinforcing elements 

behind MSE walls produced by laterally loaded piles. We then performed multivariable 

regression analyses to develop equations for predicting the maximum tensile force based on 

statistically significant parameters. Separate equations were developed for ribbed-strip 

reinforcements and welded-wire reinforcements.  Previous equations were developed with full-

scale tests primarily involving piles with diameters/widths of about 12 inches and without 

considering relative compaction, fixed head conditions, or cyclic loading effects. The newly 

developed empirical equations can be used to obtain estimates of the maximum induced tensile 

force, including variations in relative compaction, pile head boundary condition, pile diameter 

and type of loading. Regression equations are provided for each class of conditions, but general 

equations which consider all the available loading conditions were successfully developed for 

both ribbed-strip (Equation 3-4) and welded-wire (Equation 3-9) reinforcements. 

4.2 Conclusions 

1. For the prediction of induced tensile forces, the diameter of the pile is a statistically 

significant variable. Thus, for larger diameters the developed equation predicts smaller 

induced tensile force than the previous equation.  The equation for induced force with 

ribbed strip reinforcement includes diameter effects for piles up to 24 inches in diameter 

while this effect is not considered for the welded-wire reinforcements owing to the lack 

of test data. 
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2. Fixed head conditions did not influence the induced tensile force on reinforcing soil 

elements relative to free head pile loading.  Therefore, general equations can be 

developed which consider data from both fixed and free head conditions. 

3. The relative compaction of the backfill around MSE reinforcements has a strong impact 

on the measured induced tensile force for welded wire reinforcements. Equations were 

developed for relative compaction of less than 95 percent and greater than 95 percent. 

4. Cyclic loading does not have a significant impact on the prediction of induced tensile 

force; however, with this data, the relative compaction becomes more statistically 

significant. Therefore, it was possible to produce one general equation that accounted for 

both cyclic and static loading as well as free and fixed head loading conditions with the 

welded-wire reinforcements. 

5. A better combination of explanatory variables was found for the prediction equation for 

phase 1 and phase 2 tests involving welded-wire reinforcements. This led to an equation 

with an R2 of 0.74, a standard deviation of 0.38 kips, and an increased range of 

applicability for pile head load. 

  



62 

 

REFERENCES 

Bolton. (1986). The strength and dilatancy of sands. Geotechnique, 65-78. 

Bustamante. (2014). Influence of Pile Shape on Resistance to Lateral Loading. Provo, UT: MS 

Thesis, Brigham Young University. 

Farnsworth. (2020). Lateral Resistance of Grouped Piles Near 20-ft Tall MSE Abutment Wall 

with Strip Reinforcements. Provo, UT: MS Thesis, Brigham Young University. 

Federal Highway Administration. (2009). Design and Construction of Mechanically Stabilized 

Earth Walls and Reinforced Soil Slopes - Volume I. U.S. Department of Transportation, 

2-19. 

Han. (2014). Lateral Resistance of Piles near 15 foot vertical MSE Abutment Walls Reinforced 

with Ribbed Steel Strips. Provo, UT: MS Thesis, Brigham Young University. 

Isenhower. (2020). LPile v2019 Technical Manual, A Program For The Analysis of Deep 

Foundation Under Lateral Loading. Austin, TX: Ensoft Inc. 

Jefferies. (2006). Soil Liquefaction - A Critical State Approach. Taylor & Francis, 478. 

Kulhawy. (1990). Manual on Estimating Soil Properties. Electric Power Research Institute. 

Luna. (2016). Lateral Resistance of Abutment Piles Near Mechanically Stabilized Earth Walls. 

Provo, UT: MS Thesis, Brigham Young University. 

McCall. (2006). Full-Scale-Lateral-Load Test of a 1.2 m Diameter Drilled Shaft in Sand. Provo, 

UT: MS Thesis, Brigham Young University. 

O'Neill. (1983). An Evaluation of p-y Relationships in Sands. Houston, TX: Report to the 

American Petroleum Institute. 

Robertson. (1990). Interpretation of Cone Penetration Tests - A Unified Approach. Canadian 

Geotechnical Journal, Volume 27, 151-158. 



63 

 

Russell. (2016). Influence of Pile Shape and Pile Sleeves on Lateral Load Resistance. Provo, UT: 

MS Thesis, Brigham Young University. 

Seed. (1970). Soil Moduli and Damping Factors for Dynamic Responce Analyses. Berkeley: 

Earthquake Engineering Research Center. 

Talesnick, R. R. (2020). Development of a Hybrid Soil Pressure Sensor and its Application to 

Soil Compaction. Canadian Geotechnical Journal. 

Wilson. (2020). Lateral Resistance of 24-inch Statically Loaded and 12.75-Inch Cyclically 

Loaded Pipe Piles Near a 20-ft Mechanically Stabilized Earth (MSE) Wall. Provo, UT: 

MS Thesis, Brigham Young University. 

 

 


